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We study hypoelliptic operators on Lie groups of the form: A = - sum of squares of
left invariant vector fields on the group and the associated heat semigroup. We are
interested in the long time behaviour. This leads to an interesting relation between
the Sobolev inequalities associated to the operator and the subriemannian geometry
on the group defined by the operator. It is also related to a Brownian functional
appearing in financial mathematics.
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